ABSTRACT. Let A be the class of functions f : f (z) = z + ∞ n=2 a n z n which are analytic in the unit disk E. We introduce the class B k (λ, α, ρ) ⊂ A and study some of their interesting properties such as inclusion results and covering theorem. We also consider an integral operator for these classes.
INTRODUCTION
Let A denote the class of functions f : f (z) = z + ∞ n=2 a n z n which are analytic in the unit disk E = {z : |z| < 1} and let S ⊂ A be the class of functions univalent in E.
Let P k (ρ) be the class of functions p(z) analytic in E satisfying the properties p(0) = 1 and
where z = re i θ, k ≥ 2 and 0 ≤ ρ < 1. This class has been introduced in [7] . We note that, for ρ = 0, we obtain the class P k defined and studied in [8] , and for ρ = 0, k = 2, we have the well known class P of functions with positive real part. The case k = 2 gives the class P (ρ) of functions with positive real part greater than ρ. 
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From (1.1) we can easily deduce that p ∈ P k (ρ) if, and only if, there exist p 1 , p 2 ∈ P (ρ) such that, for E,
Let f and g be analytic in E with f (z) = ∞ m=0 a m z m and g(z) = ∞ m=0 b m z m in E. Then the convolution (or Hadamard Product) of f and g is defined by
where α > 0, λ > 0, k ≥ 2 and 0 ≤ ρ < 1. The powers are understood as principal values.
For k = 2 and with different choices of λ, α and ρ, these classes have been studied in [2, 3, 4, 10] . In particular B 2 (1, α, ρ) is the class of Bazilevic functions studied in [1] .
We shall need the following results.
Lemma 1.1 ([9]). If p(z) is analytic in E with p(0) = 1 and if λ is a complex number satisfying
where γ is given by
This result is sharp.
MAIN RESULTS
Theorem 2.1. Let λ, α > 0, 0 ≤ ρ < 1 and let f ∈ b k (λ, α, ρ). Then
, where ρ 1 is given by (2.1)
and
Then p(z) = 1 + αa 2 z + · · · is analytic in E, and
Differentiation of (2.2) and some computation give us
Using Lemma 1.1, we see that Re{p i (z)} > ρ 1 , where ρ 1 is given by (2.1). Consequently p ∈ P k (ρ 1 ) for z ∈ E, and the proof is complete.
Corollary 2.2. Let
Proceeding as in Theorem 2.1 and using Lemma 1.2, we have the following.
, where
For k = 2, we note that f is univalent, see [1] .
Then F ∈ B k (αλ, α, ρ 1 ) for z ∈ E, where ρ 1 is given by (2.1).
Proof. Differentiating (2.3), we have
Now, using Theorem 2.1, we obtain the required result.
The function f λ,α,ρ (z) defined as
shows that this inequality is sharp.
Proof. Since f ∈ B k (λ, α, ρ), so
It is known that |c n | ≤ k(1 − ρ) for all n and using this inequality, we prove the required result.
Different choices of k, λ, α and ρ yield several known results. , we obtain |w 0 | ≥ λ+1 3+2λ−ρ . Theorem 2.7. For each α > 0, B k (λ 1 , α, ρ) ⊂ B k (λ 2 , α, ρ) for 0 ≤ λ 2 < λ 1 .
